It is shown that if X is a uniformly convex Banach space and 5' a bounded linear operator on X for which [[I-5'[[ 1, then 
1. Introduction. It is well-known [3, p. In this paper we characterize the invertible operators 5' on X for which III-5'11 in the case where X is a uniformly convex space (Theorem 1). As a consequence of this result we derive a necessary condition for invertibility of an operator on a uniformly convex space in terms of best approximation to the identity operator in (X) which is a natural complement to the sufficient condition cited above (Theorem 2).
The terminology and notation used here is standard (e.g. [3] ). For simplicity the word "operator" will be used to mean "bounded linear operator", the word "space" to mean "Banach space", and the symbol/:(X) to denote the space of all operators on X. Finally Then the following are equivalent:
(i) S is invertible.
(ii) III-1/2Sll < x. Oii) III-tall < 1 for all 0 < < 1. But then by Proposition 1 (with T I-S) we have that S I-(I-S) is not invertible, a contradiction. Therefore, if S is invertible it must be that III-1/2Sll < 1.
PROOF: (i) : (ii
(ii) = (iii). Suppose lie-1/2Sll < 1 bt lie-t0Sll >_ 1for some 0 < to < Remark: While the assumption of uniform convexity in Theorem 1 is sutcient to imply the conclusions of that theorem, it is possible to weaken this requirement somewhat and still obtain the same results. For example, one can show that if X is only sumed to have a Kadec-Klee norm [4] and X* is strictly convex then Theorem still holds. On the other hand, the fact that some fairly strong geometric conditions must be imposed on X in order to obtain the conclusion of Theorem 
